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1Abstract—This paper presents an application of the pole
shifting technique used for reducing the cogging torque of
permanent magnet synchronous generators (PMSGs) that
employs in micro wind turbines (MWTs). The effectiveness of
the pole shifting technique on the cogging torque reduction of
the PMSG has been tested by the cogging torque measurement
system that has been connected with a MWT. In order to
evaluate the performance of the proposed technique, two
internal rotors for the PMSG on the measurement system,
namely internal rotor with the pole shifting and internal rotor
without the pole shifting, have been designed and fabricated.
The measurement results and analyses have showed that the
PMSG with the pole shifting has a very low cogging torque
when comparing to the PMSG without the pole shifting.

Index Terms—Permanent magnet machines, renewable
energy sources, torque measurement, wind energy generation.

I. INTRODUCTION

In some rural regions, in which there is not an electricity
network, electricity generation by wind energy has become
more efficient and inexpensive than other renewable energy
resources. Therefore, many countries support the usage of
wind turbine in such regions [1]. Before the installation of a
wind energy system, it is a necessity to do analyses related to
the wind power in the regions where the system is installed
and the expected investment cost. In literature, many
methods have been developed for these analyses [2].
However, such analyses for micro wind turbines (MWTs)
are not required to be fulfilled due to the low cost of
installation [3].

Two types of generators are usually employed in the
MWTs: Induction generators (IGs) and permanent magnet
synchronous generators (PMSGs). The PMSGs are
manufactured as internal and external rotor [4]. Recently, in
the MWTs, the PMSGs have been more widely utilized than
the IGs because of direct drive and high efficiency [5].
Additionally, the PMSGs have the high torque density and
the power factor characteristics [6]. One of the biggest
disadvantages of the PMSGs is the high cogging torque
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which negatively effects the electricity production of the
MWT at low wind speeds [7].

The electrical energy amount per rotor swept area
(kWh/m2) of the MWT is high, which starts the electricity
production at low wind speeds. Also the energy per cost
(€/kWh) is low. In this situation, the MWT with low cogging
torque is more advantageous than other MWTs [8]. For this
purpose, some cogging torque reduction techniques such as
the fractional number of slot per pole and phase, the
skewing, the magnet optimization and the changing stator
slot width have been executed in PMSGs [9]. The reduction
techniques of the cogging torque are simulated by finite
element analyses (FEA) on the computer programs. Some of
these techniques cause additional costs to manufacturers [7].

The skewing technique, which is one of the most widely
used techniques for reducing cogging torque, has been
applied in a PMSG. The high production cost and the
reduction of the maximum obtained torque have been seen in
tests [10]. So as to reduce the cogging torque, a flux barrier
technique has been executed and the cogging torque has
been reduced from 35 % to 5 % [11]. A study which focused
on the hybrid technique consisting of the magnet shifting and
the magnet pole-arc optimization has been conducted [12].
When the technique is implemented on small PMSGs, the
result of the slight production defects that could be required
at high machine tolerance has been reached. For a PMSG
with an eleven-slot stator and a four-pole, a study has been
carried out by FEA. An effective pole-arc to pole-pitch has
been defined for reduction of cogging torque [13]. In
another study, the cogging torque has been reduced by
auxiliary slots inserted into pole face of the magnetizing
yoke [14]. For use at low hydroelectric speeds, a PMSG of
about 4 kW has been simulated and the cogging torque has
been realized about 6 Nm [15]. A new pole shifting
calculation technique also has been analytically proposed
[16]. Moreover, the cogging torque has been decreased
based on Fourier series by the way pole shifting [17].

In this study, the implementation for the reduction of the
cogging torque of PMSGs has been carried out by
employing the pole shifting technique. Two type PMSG
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rotors have been used on the PMSG. One of them has had
the high cogging torque rotor without the pole shifting and
the other has had the low cogging torque rotor with the pole
shifting. They have been both examined on a single PMSG
separately. Then, the PMSG with these rotors has been
tested on a MWT. In the study, the application results have
been discussed rather than the simulation results of the pole
shifting. Presentation of the study has been organized as
follows: the implemented material and method, the obtained
results and discussion and ultimately conclusions.

II. MATERIAL AND METHOD

A. Cogging Torque
The cogging torque stems from the interaction between

the rotor permanent magnets (PMs) and the stator teeth [6].
The cogging torque on a PMSG is constant and produces
zero work [7]. For this reason, the cogging torque causes
noise and vibration in PMSGs especially at low speeds and
the direct drives applications. It is given as the below
equation
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where, τcog is the cogging torque, Wm is the magnetic energy
of the PMSG and θm is the mechanical angle of the rotor [6].
The cogging torque period is defined by the numbers of
poles and slots. The cogging torque seen in a PMSG can be
modeled by the sum of all produced fundamental torque
because of the interaction between each magnet and the
edges of slot opening [10]. In a slot pitch rotation, the
number of the cogging torque periods, NSP, is an important
indicator, in that they provide information about the spatial
displacement of the fundamental cogging torque waveforms.
If the phases of the fundamental torques are different, the
seen cogging torque is zero. NSP in a slot pitch rotation is
given by the below equation
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where, p is the number of pole pairs, HCF is the highest
common factor and Q is the number of slots [7].

The spatial period of the cogging torque, TSP, is expressed
as below
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where, LCM and 2π are the least common factor and the
mechanical angle of a rotor rotation (360°), respectively. As
described in (3), the TSP is inversely proportional to the NSP.
The minimum value of the NSP equals one. This value
presents same phase waveforms culminate in maximum
cogging torque. Its higher values induce lower cogging
torque throughout slot pitches due to the distribution of
fundamental torque waveforms [18].

The cogging torque can be explained by Fourier series as
below
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where, Tk is the Fourier coefficient of kth harmonic and θ is
the electrical angular position [19].

B. Pole Shifting
When each PM is placed on the rotor by an equal angle,

the torque composed by stator slots of the PM is the same
phase to the others [20]. Therefore, the cogging torque
becomes high. If the PMs are properly shifted, the harmonic
components of the cogging torque can be eliminated, or can
be lowered at a great rate [16]. Then, the cogging torque is
significantly reduced by the removing or decreasing of the
harmonic components. The placement of the PMs is also
called the asymmetrical placement [20].

In order to reduce the cogging torque, the shifting angle
value that will be used in the pole shifting can be found by
below equation
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where, θk is the shifting angle value. The definition of the
shifting angle aims to reduction of the fundamental
harmonics with PM symmetry. In this case, there are still
other harmonic components. So as to reduce the cogging
torque, not only the fundamental harmonics with PM
symmetry but also the introduced harmonics that occurs after
the pole shifting should be removed [16].

C. The Designed Rotors and the PMSG
The designed and manufactured PMSG parts are given in

Fig. 1. The PMSG consists of 1) the stator with 36 slots, 2)
the back plate, 3) the front plate and the shaft, 4) the rotor
having 12 poles without the pole shifting and 5) the rotor
having 12 poles with the pole shifting.

Fig. 1. The designed and manufactured all parts of the PMSG.

In Fig. 1, it should be noted that the first two rotors has an
internal rotor without the pole shifting, while the last rotor
has an internal rotor with the pole shifting. They have been
experimentally examined to compare the cogging torque
values without and with the pole shifting.

The stator of the PMSG has 36 slots and the output
voltage is 3 phase, 12 V. The integer slot winding has been
used in the stator winding. In Fig. 1, part number 4, the
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constant angle (360/12 = 30°) has been employed in the
placement PMs of the rotor without the pole shifting, and
each slot pitch is 360/36 = 10°. The cogging torque of the
rotor without the pole shifting is high, due to the fact that it
has all harmonics of the cogging torque.

In Fig. 1, part number 5, in the placement PMs of the
rotor with the pole shifting, the shifting angle value for the
pole shifting from (5) has been calculated θ0 = 0.833°. For
other PMs, the other shifting angles have been found from

the following equation

0.833( 1),k k   (6)

where, k = 1, 2, 3, …, 12.

D. The Measurement System of PMSG Cogging Torque
The setup of the cogging torque measurement system of

the designed and manufactured PMSG is given in Fig. 2.

Fig. 2. The setup of the cogging torque measurement system of the designed and manufactured PMSG.

The cogging torque of the PMSG with two different
designed rotors without and with the pole shifting has been
measured by the Crane Electronics UTA-451-0020-0P 5 Nm
brand/model transmitter. The display instrument of the
transmitter has been also employed the Crane Electronics
TO-890-01CR-0-EUR brand/model display. The
measurements for receiving of the peak and normal values of
the cogging torque have been executed in two different
modes of the display instrument: 1) the peak to peak mode
and 2) the instantaneous mode, respectively. All of the
measurements have been repeated both the rotor without and
with the pole shifting.

E. Setup of MWT with PMSG
The setup used for carrying out the performance tests of

the PMSG without and with the pole shifting on a MWT is
shown in Fig. 3.

Fig. 3. Trucker testing for MWT having PMSG without and with the pole
shifting.

Thanks to this setup, the cut-in speeds of the MWT
having the PMSG without and with the pole shifting have
been measured through this setup by a truck test. A MWT
tower of 3.5 m has been setup on the test trucker.

For the measurement of wind speeds on trucker, two
different vane-type anemometers fulfilled the calibrations in
the wind tunnel have been employed. One of them is Prova
AVM–03 brand/model anemometer with ± 3 % accuracy at
0.3 m/s–45 m/s wind speed and the other is Kestrel 3000
brand/model anemometer with ± 3 % accuracy at 0.6 m/s–
40 m/s wind speed.

III. RESULTS AND DISCUSSION

The cogging torque values of the PMSG without and with
the pole shifting have been obtained from the setup of the
torque measurement system in Fig. 2. While the cogging
torque values are being taken, no load has been connected
across the PMSG. As a function of the angle rotation of the
rotor without the pole shifting, the cogging torque values of
the PMSG are given in Fig. 4.

According to Fig. 4, when the PMs are placed at the equal
angle on rotor surface without the pole shifting, the
maximum peak to peak value of the cogging torque has been
measured about 0.6 Nm. It can be seen that while the
cogging torque at 7.5° has been 0.3 Nm, the cogging torque
at 12.5° has been 0.25 Nm. In here, there are some small
fluctuations in the cogging torque values due to the different
angle placement faults of the PMs. There is not any specific
place for the PMs on the rotor surface. As a result of this,
some shifting has been occurred during the placement of the
PMs.
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As a function of the angle rotation of the rotor with the
pole shifting, the cogging torque values of the PMSG are
also given in Fig. 4. It can be seen from Fig. 4 that the
maximum peak to peak value of the cogging torque is about
0.2 Nm when the PMs are placed with the pole shifting
technique on the rotor surface. Moreover, the maximum
cogging torque value at 22.5° has been obtained as about 0.1
Nm. The same value has repeated at 27.5°. In addition, the
fluctuations which arose from the faults of the different
small angle placement of the PMs have been seen between
some cogging torque values.

As a function of the angle rotation of the rotor without and
with the pole shifting, the cogging torque values of the
PMSG are comparatively given in Fig. 4. It can be
understood from Fig. 4 that a significant difference is
occurred between the cogging torque values of the PMSG
without and with the pole shifting. When the peak to peak
cogging torque values without and with the pole shifting is
compared, the cogging torque of the rotor with the pole
shifting has been reduced about 67 % than the cogging
torque of the rotor without the pole shifting.

Fig. 4. The cogging torque values of the PMSG as a function of the angle rotation of the rotor without and with the pole shifting.

The reducing of the cogging torque on the PMSG will
make a great advantage for electricity generation of the
MWT. As the cogging torque decreases, the cut-in speed of
the MWT will also decrease. In Fig. 3, for cut-in speeds, the
performance analyses of the PMSG without and with the
pole shifting have been carried out on a MWT by a truck
test. According to the test results, while the cut-in speed of
the MWT having PMSG without the pole shifting has been
obtained about 4.5 m/s, the cut-in speed of the MWT having
PMSG with the pole shifting has been obtained as about
2.7 m/s. Because of reduction of the cogging torque on the
PMSG, when attention is paid to these cut-in values, a
significant difference between the two cut-in values has been
occurred.

IV. CONCLUSIONS

It is demanded that PMSGs have low cogging torque
values in industries in which they are used. The PMSGs with
low cogging torque provides benefits to their users.

In parallel with this purpose, in this study, a pole shifting
technique not bringing additional cost to the manufacturers
has been successfully applied to reduce the cogging torque.
Two internal PMSG rotors having without and with the pole
shifting have been manufactured for comparison. The
practical cogging torque values of the PMSG with both
rotors have been compared with each other. As a result of
these comparisons, the cogging torque of internal PMSG
rotor with the pole shifting has been less about 67 % than the

cogging torque of internal PMSG rotor without the pole
shifting. The PMSGs having internal rotor without and with
the pole shifting has been evaluated a performance test on a
MWT. Consequently, the cut-in speeds of the MWT without
and with the pole shifting has occurred at 4.5 m/s and
2.7 m/s, respectively. Depending on the values with the pole
shifting, a MWT having low cut-in and power has been
fabricated.

The MWT will provide both high annual energy yield per
swept area (kWh/m2) and low generated electricity cost
(€/kWh) at low wind speeds.

REFERENCES

[1] N. Kunicina, A. Galkina, A. Zhiravecka, Y. Chaiko, L. Ribickis,
“Increasing efficiency of power supply system for small manufactures
in rural regions using renewable energy resources”, Elektronika ir
Elektrotechnika, vol. 96, pp. 19–22, 2009.

[2] C. Nemes, M. Istrate, “Statistical analysis of wind turbine’s output
power”, Elektronika ir Elektrotechnika, vol. 120, pp. 31–34, 2012.

[3] H. Mamur, M. Ari, F. Korkmaz, I. Topaloglu, “The importance of
supervisory control and data acquisition systems for wind turbines”,
in Proc. UNITEC 2013 Int. Scientific Conf., Gabrovo, vol. 1, 2013,
pp. 121–126.

[4] I. Tarimer, C. Ocak, “Performance comparision of internal and
external rotor structured wind generators mounted from same
permanent magnets on same geometry”, Elektronika ir
Elektrotechnika, vol. 92, pp. 65–70, 2009.

[5] H. Mamur, “Design, application and power performance analyses of a
micro wind turbine”, Turk. J. Elec. Eng. & Comp. Sci., to be
published. [Online]. Available: http://dx.doi.org/10.3906/elk-1401-
174

[6] L. Zhu, S. Z. Jiang, Z. Q. Zhu, C. C. Chan, “Analytical methods for

42



ELEKTRONIKA IR ELEKTROTECHNIKA, ISSN 1392-1215, VOL. 20, NO. 8, 2014

minimizing cogging torque in permanent-magnet machines IEEE
Trans. on Magnetics, vol. 45, pp. 2023–2031, 2009.

[7] C. Bianchini, F. Immovilli, E. Lorenzani, A. Bellini, M. Davoli,
“Review of design solutions for internal permanent-magnet machines
cogging torque reduction”, IEEE Trans. on Magnetics, vol. 48,
pp. 2685–2693, 2012. [Online]. Available: http://dx.doi.org/10.1109/
TMAG.2012.2199509

[8] S. O. Ani, H. Polinder, J. A. Ferreira, “Comparison of energy yield of
small wind turbines in low wind speed areas”, IEEE Trans.
Sustainable Energy, vol. 4, pp. 42–49, 2013. [Online]. Available:
http://dx.doi.org/10.1109/TSTE.2012.2197426

[9] N. Levin, S. Orlova, V. Pugachov, B. Ose-Zala, E. Jakobsons,
“Methods to reduce the cogging torque in permanent magnet
synchronous machines”, Elektronika ir Elektrotechnika, vol. 19,
pp. 23–26, 2013.

[10] R. Islam, I. Husain, A. Fardoun, K. McLaughlin, “Permanent-magnet
synchronous motor magnet designs with skewing for torque ripple
and cogging torque reduction”, IEEE Trans. on Industry
Applications, vol. 45, pp. 152–160, 2009. [Online]. Available:
http://dx.doi.org/10.1109/TIA.2008.2009653

[11] G. H. Kang, Y. D. Son, G. T. Kim, J. Hur, “A novel cogging torque
reduction method for interior-type permanent-magnet motor”, IEEE
Trans. on Industry Applications, vol. 45, pp. 161–167, 2009.
[Online]. Available: http://dx.doi.org/10.1109/TIA.2008.2009662

[12] L. Dosiek, P. Pillay, “Cogging torque reduction in permanent magnet
machines”, IEEE Trans. on Industry Applications, vol. 43, pp. 1565–
1571, 2007. [Online]. Available: http://dx.doi.org/10.1109/
TIA.2007.908160

[13] Z. Q. Zhu, S. Ruangsinchaiwanich, N. Schofield, D. Howe,
“Reduction of cogging torque in interior-magnet brushless
machines”, IEEE Trans. on Magnetics, vol. 39, pp. 3238–3240,
2003. [Online]. Available: http://dx.doi.org/10.1109/TMAG.

2003.816733
[14] C. S. Koh, J. S. Seol, “New cogging-torque reduction method for

brushless permanent-magnet motors”, IEEE Trans. on Magnetics,
vol. 39, pp. 3503–3506, 2003. [Online]. Available:
http://dx.doi.org/10.1109/TMAG.2003.819473

[15] I. Tarimer, E. O. Yuzer, “Designing of a permanent magnet and
directly driven synchronous generator for low speed turbines”,
Elektronika ir Elektrotechnika, vol. 112, pp. 15–18, 2011.

[16] D. Wang, X. Wang, Y. Yang, R. Zhang, “Optimization of magnetic
pole shifting to reduce cogging torque in solid-rotor permanent-
magnet synchronous motors”, IEEE Trans. on Magnetics, vol. 46,
pp. 1228–1234, 2010. [Online]. Available: http://dx.doi.org/10.1109/
TMAG.2010.2044044

[17] T. Liu, S. Huang, J. Gao, “A method for reducing cogging torque by
magnet shifting in permanent magnet machines”, in Proc. 2010 Int.
Conf. Electrical Machines and Systems (ICEMS), Incheon, 2010,
pp. 1073–1076.

[18] M. Chabchoub, I. B. Salah, G. Krebs, R. Neji, C. Marchand, “PMSM
Cogging Torque Reduction: Comparison between different shapes of
magnet”, in Proc. 2012 First Int. Conf. Renewable Energies and
Vehicular Technology, Hammamet, 2012, pp. 206–211. [Online].
Available: http://dx.doi.org/10.1109/REVET.2012.6195272

[19] K. Abbaszadeh, F. R. Alam, S. A. Saied, “Cogging torque
optimization in surface-mounted permanent-magnet motors by using
design of experiment”, Energy Conversion and Management, vol. 52,
pp. 3075–3082, 2011. [Online]. Available: http://dx.doi.org/
10.1016/j.enconman.2011.04.009

[20] C. Breton, J. Bartolome, J. A. Benito, G. Tassinario, I. Flotats, C. W.
Lu, B. J. Chalmers, “Influence of machine symmetry on reduction of
cogging torque in permanent-magnet brushless motors”, IEEE Trans.
on Magnetics, vol. 36, pp. 3819–3823, 2000. [Online]. Available:
http://dx.doi.org/10.1109/20.908386

43




